Ox |

N 79(5,1)
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Priklad (zavisle meze integrace)
Vypoctéte integral
/ =fxy2 dxdy,
S

kde S je plocha v 1. kvadrantu E, ohrani¢ena grafy funkci v = x a

y = x2.
il

S = i[x\ \Ssgz- X?-O,a}o) x6<o\l\>‘§(‘€@
gm0 e <o g oA
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Prevedte dvojny integral [[, f(x.y)dA na dvojndsobny (ob&
moZnosti pofadi integrace) pro mnoZinu A ohrani¢enou pfimkami
y=x,y =x—3,y =2,y = 4. Ové&fte (pfimo nebo s vyuZitim SW
napf. MAW) rovnost vysledku pro konkrétni funkci f(x,y) = y.
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Integrujeme funkei § na mnofing zadané nerovnestmi 2 <y <dap<r=<y+3.

J=j:;:_ﬂyd.zcly
= [Tedly dy omitind integrace)
= [ weny-yydy  (dosazens mezi)
=j:~'iyrly (tiprava}
= l}Tyz]* {umitind integrace )
2

= —-6 fdosazeni mezd)

=18 (tiprava)
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r=['f:ydydx
2 J2

4 sz ®
= [ =| d=z (vnitini integrace,
2 [2],
- fi 13;2 _1 22 dx (dosazent me
2 2 2
q 2
= f T _2dr (diprava)
z 2
x? !
= [E - 2;1:] (vnitfni integrace)
2
8

=_ - (—ﬁ) (dosazeni mezi)

3 3
16
=3 (iiprava)

—

Integrujeme funkei y na mn

7
I :f / y dydr
5 Jr-3
7,278
=ﬁ [%} . dr {vm

_ 712 l 2
_ﬁgi—g{m—:%} da

=j:3_

_ T (22 =9z —21)
===,

245

6
20

3

Integrujeme funkei y na mnoziné zadané nerovnostmi 4 < r < 5a 2 <y <4 .

5
I:f f y dydr
4 J2

5 [42]"
=/ ? dr (vnitini integrace)
1 2

L, 1., Lo
—j; 24 —22 dr (dosazent mezi)

5
= f 6 dx (iiprava)

1
=[6 :r]: {vnitini integrace)
=30—-24 {dosazeni mezi)

=6 (tiprava)

- = 3)°
(z )dr

2

i

205
il (dosaze:
(tiprava)
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P¥iklad (vyuZiti polarnich soufadnic)

Zjednoduste dvojny integral

i'=f f(v/x%+y?) dxdy
x2+y2<1

na jednoduchy pfechodem k polarnim soufadnicim.
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Zjednoduste dvojny integral
l—/ f(vx*+ y?) dxdy
x24y2<1

na jednoduchy prechodem k polarnim soufadnicim.

P Souiadhi e, X’_:b;:f OV <
v) f oeys z“-

*_1—5\'

S S‘\(‘(ﬂ To“ro‘n(

Ja cobidi_ l?"“‘\"z’”“““?
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Vypoctéte integral

//A 2(x% + y?) dA,

kde A= {[x,y] e R2:1 < x>+ y?2 <4, y>|x|}.

(x| &\ sing 2[roey) r20)
= Sin L‘B\cot{]

Nuhha * #Yg30 . gedomy | Pa
&) $we> 'y
= 0 =Wy
%5 3_&(6<’£4_\%
=> W\ = wds¥
= G Bey |

3v), L g3twe
T §
@wx’wﬁf J gy dr =
e A % R

/l 72'+-&” £ &= N < < lf EAgrsl
=

10 30-16:47
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Spoctéte integral

1 vV1—x2
f / dy dx.
0 —v/x—x2

(x %31:* (T PRI '

L(D‘-\ﬂ) *)
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\W\“T‘;-\ \Qrb 9"08"'4"‘ Auvama %P\'Asolpca(
D (Syve) Obsed N w7

| 77 1

~ 2T
<
( \Q\\,._} gouﬁmdv:‘u ~
& xe: LoD ) X =¥t g

“€<\'\Y:Z' ‘W> QY SMY

Sl Lo = Q—\—\i’& X
‘?’ﬂx(o -
vV X l"c@«.(
< O

—
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Pomoci vhodné transformace soufadnic vypoctéte in

ffA /Xy dxdy, kde mnoZina A je ohrani¢ena k¥ivkat

V2:2X, szx._ xy =1, xy = 2.

M= 2N
R b éG‘F G
(\r N 3- "\\.
1€ML /‘1 ; g %
NS — —
.)O\DO\I\GU\—Q: L
1 -
X =R e M%.Nf ol 2 spattad
»A-:M%.N"" Jocoly, d
%0%(?‘-05 sqw‘—,;a!v\ l"\VCYQb)
e = (3.2 fo W
G = _ ":Lza_ = % *a' - I
=30 A
—= A 1 . 0
= D Ts 5 o
L2
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P¥iklad
Uréete soutfadnice t&zisté kruhové desticky x? + y? < a2, je-li jeji
hustota v bodé [x, y] pfimo (imérna vzdalenosti od bodu [a, 0].

[x7 = -&,y7 =

10 30-17:33
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, LR =a nxd

&D.VV\‘P 5=L¢<.

FOS B b= 1) w,.,% F

O'Da gl o +L“3\\ X:

0 ’D? = > Q\Q’\\kb"}\ /

E a\i;(.’f*l- béX; ’:qu'a'\

mix‘. \'B‘V\ = E—"g’\
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